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Interlayer interactions in La3;Ni,O; under pressure: From s* to d,,-wave superconductivity
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We investigate the role of inferlayer interaction terms in the competition between different superconducting
gap symmetries in the bilayer nickelate La;Ni,O; under high pressure. We study a two-layer, two-orbital electron
model that encompasses both intra- and interlayer Coulomb interaction terms within the matrix random-phase
approximation. We find that interlayer interactions favor a d,,-wave superconducting pairing symmetry over the
s*-wave symmetry, which has been found to prevail when interlayer interactions are disregarded. Moreover, our
findings indicate that interlayer interactions enhance the interorbital pairing, incorporating contributions from all
three electron pockets, arising from both d;.>_,> and d,2_,» orbital characters, resulting in nodes within the gap
function (not present in the s*-wave state) and consequently favoring the d,,-wave pairing.
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I. INTRODUCTION

The recent discovery of high-temperature superconduc-
tivity in the Ruddlesden-Popper bilayer nickelate compound
La3Ni,O; (LNO327) under high pressure [1-3] has sparked
intense research on this new family of high-7, materials [4].
Despite the rapid progress in the last two years, including
recent reports of superconductivity on thin films at ambient
pressure [5], several fundamental questions remain on the
nature of the underlying pairing mechanism for superconduc-
tivity in these compounds.

For example, there has been an intense debate as to
which low-energy minimal model to use when describing
the superconducting phase. Density functional theory calcu-
lations [6-9] reveal that multiple bands, mainly formed by
Ni-centered in-plane d,»_,» and out-of-plane d5._,. orbitals,
along with oxygen-centered p orbitals cross the Fermi level,
forming two electron pockets («, §) with mixed orbital char-
acter and one hole pocket (y) primarily associated with the
Ni d;,2_,» orbital [6]. These bands can be described by a two-
layer, two-orbital minimal tight-binding model [6,7,9], which
has been investigated with interlayer interactions within a
localized electron picture [10] and without interlayer interac-
tions in an itinerant electron picture [8,9,11-13].

Using these models, some RPA calculations suggest that
sT-wave pairing is the dominant superconducting instability
[8,11,12,14-16], which can be driven by intra-orbital (7, 0)
scattering between the B and the y pockets [8], although the
d-wave pairing channel is found to be close in energy to the
s-wave pairing one [8,12].

By contrast, several works have brought up the possibility
that d-wave symmetry is dominant in some regimes. These
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range from d-p hybridized single-orbital models showing
cuprate-like d,>_,» symmetry [17] to two-orbital models based
on Ni-e, DFT bands [9], as well as the differences in the spin
response in these cases [18]. Moreover, a recent paper [19]
reports DFT 4 RPA calculations showing that the leading su-
perconducting instability has d,, symmetry, although a slight
increase in the strength of the Ni-e, crystal field splitting can
change the pairing symmetry to s*.

On the experimental side, recent explorations of the am-
bient pressure properties of LNO327 give indications that
interlayer interactions can be relevant for the superconduct-
ing phase at high pressures. Neutron scattering experiments
in polycrystalline samples show evidence of spin excitations
in the inelastic channel, which are consistent with strong
interlayer exchange couplings [20] while x-ray absorption
measurements [21] revealed dispersive magnons and spin-
density wave order patterns which are also consistent with
interlayer magnetic exchange being about an order of mag-
nitude larger than intralayer ones. In addition, recent RIXS
experiments in LNO327 thin film samples show evidence of a
strain-enhanced interlayer exchange interaction coupling [22].

In this work, we investigate the role of the interlayer
Coulomb interaction terms in the competition between dif-
ferent superconducting gap symmetries in LNO327 under
high pressure. We consider a two-layer, two-orbital elec-
tron model that includes both intra- and interlayer Coulomb
interaction terms. Within the weak-to-intermediate-coupling
matrix random-phase approximation (mRPA) [23-27], we
find that interlayer interactions favor a d,-wave superconduc-
tivity over the s* state, which is known to dominate when such
interlayer interactions are neglected [8,11,14]. Our mRPA
calculations reveal that interlayer interactions enhance interor-
bital pairing involving contributions from all three pockets,
creating nodes in the gap function (absent in the s*-wave
state) and thus favoring the dy,-wave pairing.

We note that some very recent theoretical works [28,29]
also report transitions from s-wave to d-wave pairing sym-
metry for larger interlayer interaction strengths in LNO327.
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FIG. 1. Schematic representation of the bilayer La;Ni,O; model
(a) with onsite U, J and interlayer U, J; Coulomb interaction and
Hund’s exchange coupling strengths. FS (b) and band structure
(c) for the two-orbital d;2_,> (blue color) and d,»_,» (red color)
low-energy model. V

Although these works use different methods (namely FLEX
[28] and fRG [29]), the main results are qualitatively similar
to the findings reported here.

This paper is organized as follows: In Sec. II, we present
the interacting model for bilyer LNO327, including the band
structure and both the onsite and interlayer interaction terms.
We review the matrix-RPA methodology and describe the
pairing gap calculation in Sec. III. Our results detailing the
s*-wave to dy,-wave symmetry transition as the interlayer
interaction increases are presented in Sec. IV, along with a
discussion on the role of the charge susceptibility and the
orbital contributions. Finally, our concluding remarks are pre-
sented in Sec. V.

II. MODEL
A. Band structure

In order to describe the (noninteracting) band structure of
the system, we consider the four-band low-energy model of
Refs. [6,12]. This tight-binding model involves two orbitals
(dy2_y2 and d;32_,2) per Ni atom in a unit cell with two Ni
atoms (one for each layer) [as depicted in Fig. 1(a)] and
hoppings up to second nearest neighbors. The non-interacting
Hamiltonian reads

HO = Z (T}cp - M)cltplackﬂza + th(cltpAackpBU + HC)

ko pt kop
+ Y Vi oCiste + Y Vi(ChopoChiso + Hee),
ko (ps)t ko (ps)

ey

where c}; o creates an electron with spin o, in the orbital
p = {x, z} corresponding to {dy>_y2, d3,2_,2}, sublattice £ =
{A, B}, and momentum k, p is the chemical potential, and h.c.
shortcuts Hermitian conjugate. In the following, we use the
model parameters of Ref. [6], which include on-site energies

(e”) and up to second-neighbor hoppings, such that

T,V = 2t (cos ky + cos ky) + 413 cos ky cos ky, + €7,
Vi = 2t5%(cos k, — cosk,),

Vi = 2t;%(cos ky — cos ky). 2)

For a valence of 2.5 electrons per Ni atom [30], the re-
sulting Fermi surface (FS) and band structure are shown in
Figs. 1(b) and 1(c), respectively, together with the respective
Ni orbital contributions. The FS shows electron pockets o and
B with a strong contribution from the d,>_,» orbital (red), con-
sistent with ARPES results at ambient pressure [31,32]. The
y hole pocket at (;r, 7)), however, is dominated by the d3,2_,2
orbital (blue) and its presence has been linked to the onset of
superconductivity in LNO327 and similar materials [8,33,34].
We notice that some of the bands show mixed orbital regions
(nearly white) along the I' — X and X — M high-symmetry
paths [Fig. 1(c)].

B. Onsite and interlayer interactions

Our model Hamiltonian H = Hy + H; involves both the
noninteracting part described by Hy as well as an interacting
term (H;) which includes both onsite (U, J) and interlayer
(U, J1) Coulomb and Hund’s coupling interaction terms, as
represented in Fig. 1(a). We remark that J, J, are the Hund’s
couplings and differ from the effective exchange interaction
J, J\ of strong-coupling models [14,15].

The interacting Hamiltonian for the two-orbital itinerant
electron model is given by the onsite plus interlayer parts,
H; = Hopsite + Hiner, Where the onsite term is given by

Honsite = U Z Niperipe, + (U —J/2) Z NipeNige

ij,pt it,p<q
—27 ) Sipe - Sige
il,p<q
+ J, Z (ijlTijZLCqu¢ciq{T + HC) (3)
it,p<q

and the interlayer term reads

Hinter =U, Z NipAc NipB& + (Ui - JL/Z) Z NipANigB

ij,poé i,p<q
—2J1 Z Sipa - Sign
L,p<q
+ JJ/_ Z (ctTpATC;pBlciqBiciqAT + H.c.). )
i,p<q

In the above, cj ., Creates an electron with spin o, in

orbital p, layer £ = A, B, at the (square) lattice site i. In
addition, we use a shortcut notation for the density operator,
Ripe = Y, Nipto- Inthe present model, U (U, ), U'(U|),J(J1),
and J'(J ) are the onsite (intersite) Hubbard, interorbital Hub-
bard, Hund’s exchange coupling, and pair-hopping interaction
strengths, respectively. In the following, we assume local spin
rotational invariance such that J' = J(J| = J,) [23,24].
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The interacting part of the Hamiltonian, H;, can conve-
niently be rewritten in momentum space as

Hy=Y" Y (Ul npege(—@)nsene (g)

q pgstll’

+ )Y WIS ot (=) - Ssene (@), (5)

q  pgstel’

where np404(q) = D ko CZk +g)pho CkaAs is the charge density

and Spaga (@) =D 45 CZk +q)pAc T05 ChaAs the spin density for
layer A (similarly for layer B), with 0,3 being the Pauli
vector. The matrix elements of the charge and spin interaction
matrices which connect Eq. (5) with Egs. (3) and (4) are
given by

U =U, U =U",
U = U =T

UN =, (Uc)gﬁgj =-U'+2J,

URH =T, (Uit = —J +2U",

(WUeYpps = 2UL,

pBpB (U )PAPA - 2UJ_’

qBqB

(UeYopls = U)oy = 21,

where A, B denote the respective layer index [35]. For
simplicity, we assume spin rotational invariance such that
the standard relationships U’ = U —2J and U| = U, — 2J;
hold and we set J =U/4 and J, = U, /4, which is con-
sistent with previous studies [7], although we have verified
that this choice does not qualitatively alter our main results
(see Appendix A). Notice that the interlayer interaction terms
(UL, U}) appear only in the charge interaction matrices.

III. MATRIX RPA METHOD
A. Spin and charge susceptibilities

For completeness, we begin this section by briefly review-
ing the RPA-enhanced spin and charge susceptibilities for the
multiorbital model of Eq. (1). Following Ref. [23], the bare
spin susceptibility is calculated from the spin-spin correlation
function as

yr
[X]fsefg' (q, iVy,) = / dren®
0
X (TS pege(—q. ) - Ssere(q, 0)), (1)

where iv,, denotes Matsubara bosonic frequencies, T is the
imaginary time, T is the temperature, and 7; is the time-
ordering operator. For the noninteracting model, the spin and
charge susceptibilities are equivalent [23] and can be written
in terms of the noninteracting Green’s functions as

. T .
[R5k (@ ivm) = = > Gk o)

kiw,

X Gqé’té’(k + q, iwn + il)m), (8)

Ui, =0
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FIG. 2. Contour plots for the main eigenvalue of the spin (a) and
charge (b)-(d) RPA susceptibility matrices for U = 1.16 eV and
different U, /U ratios.

where

sE (& plx k
Guputhsion) = Y TV, ©)

Vk

and wﬁf(k) is a single-particle eigenfunction of Hy [given
by Eq. (1)] related to the vj-th electronic band with energy
E,, (k), and written in a basis where p and £ are good quantum
numbers. The Matsubara summation is calculated numeri-
cally by using Ozaki’s method [36]. In this work, we adopt
T =0.02eV.

Within the mRPA, adding the onsite and interlayer interac-
tions reduces to performing a matrix operation such that the
spin and charge susceptibilities become

2:(g, ivi) = %(q, iv)[1 = U, 5(q, iv)]™',  (10)

2e(q, i) = R(q, iv)[1 + U2(g, iv,)™',  (11)

where X(q,iv,,) is the bare susceptibility matrix given by
Eq. (8). We have checked that the Stoner criterion is not
matched for the range of interaction strengths studied in the
present work.

It is important to notice that U, does not depend on U,
while U, does [see Eq. (6)]. As such, only the charge suscep-
tibility changes as the interlayer interactions increase. This
is illustrated in Fig. 2, which shows the main eigenvalue of
the spin [X,(q, 0)] and charge [}.(q, 0)] static susceptibility
matrices for different values of U, /U for U = 1.16 eV. As
such, %s(g) does not change as U, /U varies, while the main
changes in X.(q) are a reduction near the (;r, 7) (M) point
and an overall reduction around the (0, 0) (I') point. These
features will be further discussed in Sec. IV B.

B. RPA pairing interaction

We now consider the singlet-channel RPA pairing interac-
tion matrix [23,25] for the multi-orbital, multilayer interacting

033023-3



BRAZ, MARTINS, AND DA SILVA

PHYSICAL REVIEW RESEARCH 7, 033023 (2025)

model of Egs. (5) and (6):
7 (g) = $=0c2e@Ue + 30,205 + Oc + 0154
(12)

In the mRPA, the pairing interaction I'(k,k’) between
Cooper pairs at (k, —k) and (k', —k’) is computed from
Eq. (12) as [23,24]:

r K =Re 3 3 [0 0] Tyt o]
LUEE" pgst
x T (e — KWl Kyt (—k).  (13)

The symmetric part of the pairing interaction 2T (k, k') =
[k, k'Y + T'(k, —k') is, in turn, used to calculate the gap
function A%(k) and the respective pairing strength A“ using
the usual integral eigenvalue equation [23]:

yg dky 1
— Jrec, vp(k') 2m)?

Lk, KYAY(K) = A2 A%(k), (14)

where the sum runs over the different FS sheets C; and vr (k)
denotes the Fermi speed at momentum k.

IV. SUPERCONDUCTING PARING SYMMETRIES

A. Leading solutions of the gap equation

For a given set of parameters entering I'(k, k'), the solution
of Eq. (14) with the highest eigenvalue Ay,.x will correspond
to the highest critical temperature 7,. The symmetry of the
pairing gap is reflected in the corresponding eigenfunction
Amax (k).

In the following, we consider the reference value of U =~
1.16 eV, which has been estimated as 7, ~ 80 K from real-
space mean-field calculations [12]. Considering the largest
interlayer hopping in the model (|} | ~ 0.635 eV) [6], gives
a moderate U/|t5| ~ 1.83, reflecting an itinerant electron
picture. For these parameters and U, = 0, the leading and
subleading solutions of Eq. (14) display s*-wave and d,,-
wave symmetries (with A /A% > 1), in accordance with
previous studies [8,11,14].

For increasing values of U, , however, the ratio A /A
decreases, and eventually the solution with d,,-wave symme-
try becomes dominant. This i is illustrated in Fig. 3(a), which
shows a color map of log (A* /Ad*‘) for different values of
onsite U and interlayer U, 1nteract10n strengths. The dashed
line represents the curve A" = A% and can be interpreted
as a “phase boundary” separating the regions where each
gap symmetry dominates. The corresponding superconduct-
ing gap symmetry solutions projected onto the Fermi surface
for the dominant s* and d,2_,» waves are shown in Figs. 3(b)
and 3(c), respectively.

A more detailed view of the leading and subleading so-
lutions as a function of U and U, is shown in Fig. 4. For
U/U, =0 [Fig. 4(a)], s* and d_» waves are nearly degen-
erate for U < 1 eV, while the s* dominates for larger values
of U. By contrast, increasing the ratio U, /U > 0 immedi-
ately breaks the degeneracy and suppresses the s* solution,
although higher U again favor the sign-changing s-wave, as
shown in Figs. 4(b) and 4(c).
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FIG. 3. (a) Phase diagram showing the log of the ratio between
the two leading eigenvalues of Eq. (14) for given values of U and
U, . The corresponding leading gap functions A (k) displaying s*-
wave and d,,-wave symmetries for U = 1.16 eV, U, /U = 0.1 (4),
and U, /U = 0.3 (OJ) are shown in panels (b) and (c), respectively.

For the reference value of U = 1.16 eV, we show in
Fig. 4(d) that the transition point occurs at a moderate value of
U¢ ~ 0.2U = 0.23 eV, with the gap functions displaying s*-
wave and d,,-wave symmetries for U, < U{ and U, > U
[Figs. 3(b) and 3(c)], respectively. For larger values of U,
however, the s*-wave symmetry is clearly favored, even for
ratios U, /U as large as 50 to 60%.

Additionally, as discussed in Appendix A, we note that
the Hund’s couplings J and J, only marginally affect this

0.30 = Uu,/U=0 0.30 B U,/U=0.1
0.25 0.25
0.20 0.20
~< 0.15 0.15
0.10 0.10
0.05 0.05
0'000.6 0.8 1.0 1.2 0'000.6 0.8 1.0 1.2
U (eV) U (eV)
0.30 G U,/U=0.3 0.30 o) U=1.16 (eV)
0.25 0.25
0.20 0.20
~< 0.15 0.15
0.10 0.10
0.05 0.05
0.00 0.00

0.6 08 1.0 1.2 0.0 0.2 04 0.6 0.8
U (eV) u./u

FIG. 4. Line cuts of the phase diagram shown in Fig. 3 showing
the leading and subleading eigenvalues of Eq. (14) as a func-
tion of (a)—(c) U for different values of U, /U and (d) U, /U for
U =1.16eV.
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FIG. 5. Susceptibilities and the sign changes in the super-
conducting gap. The main eigenvalue of the spin and charge
susceptibility matrices are shown in panels (a) and (b), respectively.
Dashed lines represent results for different U, /U ratios, while the
arrows point to the susceptibility peaks related to each putative
nesting vector ¢;. Panels (c) and (d) show the same gap function
data of Figs. 1(b) and 1(c), respectively, while the colored arrows
corresponded to the vectors ¢; in the upper panels.

general behavior. In fact, increasing J/U does not influ-
ence the leading pairing symmetry [Fig. 8]. Moreover, we
find that changing J, /U, does not change our conclusions
qualitatively, although decreasing J, /U, shifts up the phase
boundary separating the two symmetries [dashed black line in
Fig. 3(a)].

B. The role of the charge susceptibility

A key aspect in the transition of s* to d,, pairing symme-
tries as a function of U, is its connection to the decrease in
the charge susceptibility peaks near the nesting vectors, previ-
ously shown in Fig. 2. As previously mentioned, Eq. (6) shows
that the spin susceptibility is unaffected by the interlayer in-
teractions. On the other hand, Figs. 2 (c) and 2(d) show that
the charge susceptibility is suppressed for increasing U, /U in
regions around the I and M pockets.

This is better illustrated in Figs. 5(a) and 5(b), which
show the main eigenvalue of the spin [X,(q, 0)] and charge
[%c(q, 0)] susceptibility matrices, respectively, along the I' —
X — M — T high-symmetry path. The three main nesting vec-
tors (g, q,, and g5) are marked by small colored arrows.

Figures 5 (c¢) and 5(d) show the same gap function data
as Figs. 1 (b) and 1(c) [Up /U =0.1 (A) and U, /U =0.3
(O), respectively] with a shift in the k, component so that the
three nesting vectors ¢,_; , 3 (represented as colored arrows,
in scale) can be better visualized. A comparison between
Figs. 5(c) and 5(d) shows that the ¢, and g, nesting vectors
connect pockets where the leading gap function has the same
sign in the s™-wave case (i.e., A%(k) = +A%Kk +q;_,))
while they are of opposite sign in the d,,-wave case (A% (k) =
— A%k + gy ).

These results can be better understood by looking at both
the dependence of the pairing vertex function on the charge
susceptibility [Eq. (12)] and on the pairing function T'(k, k)

- U, =0eV - U, =0.348 eV
(a) (b) 0.10
p——— E——— 0.05
X
20 ( s* ) 0 (dxz _yz) 000
oma— ma— —-0.05 <
-0.10
n—rr 0 m n—rr 0 m
- U, = 0eV - U, = 0eV
C d)f \ 0.10
TN F 4
0.05
E - 5
<20 dxy 0 dx2_y2 0.00 %
- e <]E
—-0.05
— B
\ ‘ ' ( \ { -0.10
n—rr 0 m n—rr 0 m
Ky ky

FIG. 6. Color maps of the leading superconducting gap function
Anmax (k) computed using the two-orbital bilayer pairing vertex but
considering only the contributions of two out of the three FS pockets.
Panels (a) and (b) show results excluding the contributions of the y
pocket for U; = 0and U, = 0.3U = 0.348 eV, respectively. Panels
(c) and (d) show results for U; = 0 excluding the contributions of «
and B pockets, respectively. In all cases, U = 1.16 eV.

on the left-hand side of the linear pairing equation [Eq. (14)].
First, we remark that jy,(q, 0) contributes with a positive sign
to the right-hand side of Eq. (12), while %.(¢q, 0) contributes
with a negative sign. As such, reductions in %.(q, 0) tend to
increase the pairing T'(k, k + q), particularly at the nesting
points ¢ = ¢q, ,, at which the spin susceptibility is lower than
at ¢ = g5 [see Fig. 5(a)].

Due to the negative sign on the left-hand side in Eq. (14)
and considering that ['(k,k + ¢) is positive at the nesting
points, we argue that such increases in T'(k,k +¢q,,) as
U, /U increases will favor sign-changing solutions which
obey A%(k) = —A%(k + ¢, ,) such as the d,,-wave symmet-
ric one.

C. Orbital contributions to the pairing interaction

Further insight as to why the interlayer interaction tends to
favor a d-wave symmetry over the s* one can be gained by
looking more closely at the role of the interorbital contribu-
tion to the pairing interaction. Imagine if one could tune the
relative contributions of the different FS sheets to the paring
gap function defined by Eq. (14). In practice, this can be ac-
complished by artificially giving different weights to the terms
in the sum on the left-hand side of Eq. (14). For instance,
one could exclude (assign zero weight to) the contribution of
one of the FS pockets («, 8, or ) and see what the resulting
symmetry of the leading pairing gap function looks like.

This is done in Fig. 6 for U = 1.16 eV. Figure 6(a) shows
that, for U, = 0, the pairing gap symmetry remains s*-wave
even if the contribution of the y pocket is excluded and only
pockets o and B, which are dominated by 3d,»_,» orbitals
and hence have a more “planar” character, are considered in
the calculation. In a sense, this would mimic a “cuprate-like”
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TABLE 1. Summary of superconducting pairing symmetries
found for each pocket or combination of pockets «, B, y as indicated
in Fig. 1(b). Weset U = 1.16 eV.

Pockets U, /U Symmetry
o any g-wave

B any dyy-wave

y any d,2_p-wave
a+p <0.3 st-wave
oa+p 20.3 d,y-wave
a+y any d,2_p-wave
B+y any dyy-wave
all <02 st-wave

all >0.2 dyy-wave

scenario [17]. In this situation, by increasing U, the symmetry
of the leading gap function becomes d,._. and not d,,, as
in the case where all pockets are considered [Fig. 3(c)]. On
the other hand, the pairing symmetry becomes d, if, instead,
the contribution of the o pocket is excluded [Fig. 6(c)]. Fi-
nally, if the contribution of the 8 pocket is excluded, the gap
symmetry becomes d,>_» [Fig. 6(d)] and not d,,. A summary
of these findings is presented in Table I, which also includes
other combinations of the «, B, y pockets (as detailed in
Appendix B).

These results indicate that, when all three pockets are
considered in the calculation (Fig. 3), by increasing U, the
relative contribution of the y pocket (dominated by ds,2_,»
orbitals) increases over the (more planar) o pocket contribu-
tion, thereby inducing the switching between s*- and nodal
dyy,-wave pairing symmetries. As such, the interplay between
y and « pockets in the pairing vertex is a crucial element in
explaining the s* — d,, order switching as U, increases.

This conclusion is further supported by looking at the
differences in the pairing vertex function I'(k, k") for U, =
0.348 eV and U; = 0. Figure 7 shows the ratio between
['(k, k') (calculated with U; = 0.348 eV) and I'*"(k, k') (cal-
culated with U, = 0), for a fixed k (marked as a black circle)
and as a function of k" along the FS.

For example, as shown in Fig. 7(a), for a k-point located
in the y pocket, increasing U, leads to an enhancement of
the pairing vertex function [I'(k, k') > I'®"(k, k)] along the

(a) (b) Z
0.05 &
/ \ — ‘ g\’
X0 0 fo) 0.00 :'E
— )
\ V < “\. . -0.05y
[
9 -0.10%
_n—r[ 0 m _n—n 0 n
K}, k;,

FIG. 7. Enhancement of the pairing vertex function (I'(k, k")) by
interlayer interactions. Panels (a) and (b) show the ratio of I'(k, k')
calculated with U, = 0.348 eV and I'"(k, k'), calculated with U, =
0 in a logarithmic scale for a fixed k (black ring) located at (a)
y and (b) a FS pockets, dominated by ds.2_,» and d,2_» orbitals,
respectively.

a pocket and a decrease [T'(k, k') < ' (k, k’)] along the B
pocket. A similar result occurs when k is located at the «
pocket [Fig. 7(b)]: The pairing vertex function is enhanced
along the y pocket and decreases along the 8 pocket.

This result is consistent with our picture that interlayer
interactions tend to favor the d,, pairing symmetry over the
s* by favoring the interorbital pairing between electrons in
the y and o pockets, which are dominated by the d;,_,» and
d,>_,» orbital contributions, respectively.

V. CONCLUDING REMARKS

In this work, we investigate the role of interlayer
Coulomb interaction terms on the superconducting properties
of LazNi;O; under pressure in the weak-to-intermediate-
coupling limit. Our results indicate that for moderate onsite
interactions in the model (up to U ~ 1.1 eV), and relatively
small interlayer interaction strengths (about ~30% of the
onsite term), the leading pairing symmetry becomes of the
dy-wave type instead of the s*-wave predicted by several
works in the absence of interlayer interactions [8,12,14,15].
Our calculations also confirm that the s* solution is dominant
for large onsite interactions (U 2 1.3 eV). This is consis-
tent with results from strong-coupling (¢t —J — J,) bi-layer
single-orbital models which show s*-wave superconductivity
favored by a strong interlayer exchange coupling [14,15].

Additionally, our results indicate that charge fluctuations
play an essential role in the s- to —d-wave transition as the
interlayer interaction U, increases. This is a consequence of
a decrease in the charge susceptibility for large U, values,
particularly at momenta ¢; satisfying the nesting condition
between different FS sheets. This in turn leads to an in-
crease of the RPA pairing function at these nesting vectors,
favoring d.,-wave sign-changing solutions obeying A% (k) =
—A%(k + q;) over the s*-wave ones. We note that these
s*-wave solutions differ from those appearing in iron-based
superconductors [23,24], for which sign changes can be traced
back to the spin susceptibility at the nesting points.

More interestingly, our analysis shows that the super-
conducting pairing symmetry is strongly dependent on the
interplay of all three FS pockets. In particular, the interlayer
interaction tends to favor interorbital pairing between elec-
trons with ds2_,» and d,2_,» orbital character, underscoring
the view that a complete description of the superconduct-
ing properties can only be achieved by multi-orbital models
[8-10,17]. In fact, we expect that a similar picture can
emerge in systems exhibiting multiple FS pockets with
close competing pairing symmetries, such as the three-layer
La4Ni3010 [34]
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FIG. 8. Leading gap functions A (k) displaying s*-wave

and d,,-wave symmetries for U = 1.16 eV, U, /U = 0.1 (A), and
U, /U =0.3 ).

APPENDIX A: INFLUENCE OF HUND’S COUPLINGS
IN THE PAIRING SYMMETRY

The influence of Hund’s couplings J and J, in the pairing
symmetry is shown in Fig. 8. For U/U, = 0, Fig. 8(a) shows
that J = J, = Oresults in a leading s*-wave, while increasing
J/U does not influence the pairing symmetry but for enhanc-
ing the gap function at the @ pocket in comparison with the
other pockets, which is illustrated in panel (b). On the other
hand, fixing J = U/4 and J, = 0, the U, /U = 0.3 gap sym-
metry shown in Fig. 8(c) results in a leading s*-wave, while
only further increases interlayer interactions, U, /U = 0.5 as
in Fig. 8(d), induce the subleading d,, as the leading pairing
symmetry. Therefore, lowering J; /U, only increases the ratio

Uu,/u=0 Uu,/uU=0.3
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FIG. 9. Same as Fig. 6 but for individual pockets g (a), (b), ¥ (c),
and « (d).

U, /U necessary for the s* — d,, transition, which does not
qualitatively change the phase diagram of Fig. 3(a).

APPENDIX B: PAIRING SYMMETRY
OF INDIVIDUAL POCKETS

Figure 6 shows results for couples of pockets, but we have
also checked that conclusions hold for the individual pockets
as well. In Fig. 9, panels (a) and (b) show no change in the
d., symmetry of the 8 pocket as the interlayer coupling varies
fromU, /U =0 (a)to U, /U = 0.3 (b). In fact, the interlayer
interactions do not change the symmetry in any three cases
explored. As shown in panel (c), a d,>_,>-wave dominates the
pairing of individual y pockets, and a g-wave symmetry is
obtained for the o pocket alone (d). None of the single-pocket
solutions reproduces the s* — d,, transition as a function of
interlayer interactions.
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